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Wedenote by 21— 33 the Sasakian space form of constant s-sectional
cuyY vature ¢ 3 endowed with the standard Sasakian structure in a EKneli
dean space (see 1], p. 99),

Theorem 3.2. Ler M be an (m l)-d’r’rm'n.s'z'on.r/ condiret wmbrlical
wbnmmfo/d with  respect lo ihe ]J /mm' medn cureature vedor [ oaw

S 3N I e (1) | H R then all sectional careatiies of M ure
Jmnm galive,

Proof. By the hypothesison the sealar curvature of M owe bave (3.9
}[Ll](! -

MXLY) =M, V), NN, —e(X, YYH, for any X, Y = (.
On the other hand, by Theorem 3.0 3 is an anti invariant submanifold
of L229(3) Then by using (1.9), (1.10), (1,11} and (3.4] we obtain

Ky(X 72 ¥)=| H|I2=0 and Ky (X A Zj=0

for any X, Y = (D). Thus all sectional curvatures of M are nonnegative

REFERENCES

LoBlaiar L 1 — Contact amangildds in Biomasnian gospa trys Leeture Notes in Manhe, (5049,
Springer-Veriayg, 4976

3‘ Sare N, Fatall vy roald sabmvonifolds of s compli v space form, to appenr

VoY ans Woand Won M. o dafepreariant submanifolds, Marcel Dekker, 1976

ercered TILX 1. JON3 Departinent of Mathemalics

Pafvtechnie Tnstitule of  lagsi
oSN, Komda

l\::l:::l NNN 2w ba Matematica

Sriingilice ale Universitip AL 1 Caws” din law

B()l'\l).-\RY-\'.-\LUF. STOCHASTIC PROBLEAS (1)

BY
AUREL RASCANU

Jof the paper Bowdary-

yrsents the wt(]ll( )
o isste of this review. We

his paper 1
§1. Notations. This pay the previous

valite s{()u’uzstn problent {1} from ‘ |

e !h(lrv})d'liL “1 \1)1(?1{1;?(;:)(1135(111(1 np 1 subset of R° \\'ilt!l s;;ff}()l)t,mfl} }m((;t))]
< N \ - () T i " i { ’

sot () = J0, T 1 V= Il et

‘;[t?tl;;““‘}li-(“LT“.’ M ()J Q% 10, l\v D= !(; . |(?. . ,(,()) %)

' T {0 Ny = L *

Sy & }d {k()‘? ]"d(o ‘H{))' \\hu{[()” i'\ U F iz is .sm(‘m.slu (()'nph i
e I)) Y (Fa Q07

e T

' i iwer space of
basis | 71 X) (with X a Hitbert space) s the Hilbert  subspace

.{(3/()‘ it o) 7 e
{hv nonanticipative Processes from L3010, T10 A

VCHCE - _ i i s s uoell
o, T3 ¥y={ne L0, T O 11 A s Sl
M'ELz(O: AR L St e e g
(Qx10, T Py={{ne L2 10, ThzEri Lt o, Tl i)
ulf ot

g P Vo e L4010, T )k
(e, ) =1t.(e3) - l—\zr (e, 8) ds, 1, =LA Fo P Hy, on i o
3y //'—’r() T 1) we shall denote the space of t(.)n(tl(lr](‘l‘l()ll!‘-\"?(][Ir))}

IH \"1131-?11 ‘I/n'illl'[‘iﬂg"dit‘ﬁ (it 15 @ closed  subspacs of Lz, (L , T

1 vy atue stochastic
lor  the  boundary-wvi
2. Hypotheses. \We shall conside

syEtent.

[t i OE=QE
dit—= budl=flo, 1. X} dlmd Mo, 4, X)) m 0 -0 0,

2.1 o 4 Bl s glo, {, sy in QX

et

¢y

uier, 0, vy = oo, v) 0D,

e tive associatyd with L
where oley s the outward normal derivative assol

\We assume that

Y 1 i‘-' I
] [ St ok I —) Fa,
(L) I PEN; r.X;
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where a;e€CHD), wvsL (D), ay=a;, afx}30 ace xeD, and there
¢xists ¢ >0 such that

N
Y a0 L5 C L ac on D, for all £=(&,, . .., iy) =RY;
§ei=1
{H.) felif®), geLli,(QxZ), u,ej{Qx D).

Me 440, T LxD)), with K covariance process and 2 Doleans
(H.) measure, verifies the condition
sup  § || AS{E—s) K" 5 dh< -0,
PO Tt
where |+ ||, is the Hilbert-Schmidt norm in L¥(D) and S{t) 1s the semigroup
(strongly continuous and analytic generated by .1 @ HYD)NH(D)C L¥(D) -
—L¥ D} from (H,).
(Hy) B is a graph maximal monotone in R X R such that 0 €p(0), what is
equivalent with f=do (the subdifferential of o), where o @ R—>]—o0,
+ o0} is a proper convex lower-semicontinuous function and ofx) >
z9(0) for all x=R.
Befinition 2.1. A function ueli (Qx10, T1; H(D)NLi (L; C{0,
T) . L¥D))) 1s a strong solution to (2.1} tf there exists w € Li{Q > X) such that :

{2.2) w(w, {, ¥) €B(1{w, {, x)) a.c. on QXX
5 -
— u%'dtdx—k {a(u, v) dis { (w—g) vdldo= | up{w, 0, x) dx+
¢ Q = n
12.3) T
+ | [ ol b, x) dM{w, t, X)dx, e-as.; for all veW,4(0),

0 n
vlw, T, x)=0 a.e. on QxD.
Herc a : HY{(D) x HY{D) =R is the bilinear functional

a dv oz
(2.4) afv,2)=% | a”;\ -Ei— + [ agyzdx; v, x = HY(D)
Lj=th T dx;oxy; D i

§3. The main result. Theorem 3.1. I/ ou,) =LY Q= D) then, under
hypotheses (Hi— H.), the system (2.1} has a unique strong solution.
Proof. The uniquencss of the solution is obtained using Proposition

1.2 from [5]. To prove the existence we shall divide System 2.1 in three sys-
tems

dy,+Avdt=f{t) df in O,
3.1
(3-4) Wlo, {, x)=0 on OXE, v{w, 0, x}=0 on Q=D ;

dya(t) A vodt=dM{t) in O,
3.2
(85 yolo, £, x)=0 on Q1 X, yfw, 0, 2)=00nQxD ;

i BOUNDARY-N ALUK STOCHASTIC 1RO I-'.\IQ- 1t

5
————

d=(f) 4 edi= 0 in O,

= g AR 1 N e, B, X))o, X) in Q1)
{ Lope()=hin Qux,
v | | |
¢ ny e y L)<on s A strong
and we will show that, for h—=g—i(yi= vy lew, u—{vir) .)
olution of System (2.1, ‘ ’ R
. Reark 5.0, We reeall from 4 Chap. 4, that the mappiis

i< continuous from H! 20) to LX) and the system !
[ W dv=fin =10, T ’
1 v=0 on X="0, Tl (o, x}==0 on D, | 1
- as < ique 8 jon v H () and
“"“.N't' fei“(i'((‘i))fﬁltd :Ij%:‘f:t;llilazsl{(l'llll")lr}ldf\'utli:iﬁ;llltls?l(;l'uttilll_,fdllm\'in‘g lsun;rt;!.
A ﬂ'i‘é‘]r)n\ﬁ}a 3\1’ ‘:;} i \'})n.’hrscx (H1) are verified and fEL,;,f,(()) i{h.” Swvsten
3.1 has a wnigue sofulion vy € LA, () in the following Scasc:

v iyl ly

I' 1 . . rpe . o
U Avds= | fls) ds i LA COO, T LI,

u
(3.4) o
v, £ X 0 ac. on Q¥ 0, T i
Voreover ¢ vy € L5 Q2] and
e Bk Caly, vy di = = wfpdids j fudtdx,
(3.3) it u S

wea, Jor all v & W (©), v{o, T, ¥)=ax. o QI
3 The lincs gator A DENYCLHD)—>
o we study system (3.2). The lincar opera ; l
It ]"-;O“I-}\?m closed and densely deling d on I,—({)), ])(.l! H(D)m‘t{f(n]i))
T : (n 3"-1tu; an infinitesimal strongly continuous 4 -cl\-cs;] zum};l(l;))) :lm)t:'llllrl BE\-
_bogenerates | O lent DL with ihe H?2 norm. B
(1), The gre orm is equivalent on . H¥(D)-nor \
‘\ing()l“li‘t(:xoil Iptl 'Hu{ l‘ropuslitinn 1.2 from [:11- and by the contimuity of the
N i ; ) 3 o - - I
O oz from HHD) to LAl we have: o L N
ummn]ngni)ma(%fzt.J_[} ;'z\‘pofh(cscs (H V) and (H3) {w!d, .-.-;-_::O‘H_}.s‘h.»z ](iﬁ;))?m{;f
s.'m'c,'m: solution )-22113,,(§2><](), T D) L3082 G0, : L

the following seise

) T Ayl ds= A1) i 10z 00, T LA,
{36) c N -

valo, 1 X)=0 a.c. o Q3o T |

J i o S
Morcover ¢ VotV E L340K ¥ and

- T
e I . . (:.\-_'_ . . . ” i.‘l ! e
57) — §n ity § e @) di § Rt DO
o ¢l ¢ -

w-a.s., for all v = W@, vle, T, Xy
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Finally we consider Svstem (3.3) with h—g—¢(x,4.) [év e L (Q - X). _ e Y : J{s) 1= (e+8)
For ¢ =0 and r =R we denote S Bl A ) 3.13) a} (Bs("?’—ﬂ"‘(s)) (r—s)> 4(|(5z(") Rl
f Fl (-1 2 ey |¢ z
aj Br)= s Hr—(14<8) 1), by (B0 — B ) > =8 (141 B0) PHT B D) (3
* o : : - ing svstem
(3.8) by B5(r}= | Bfr-—<0) p(0) 40, (.moliilier” approximation) For cach ¢ >0 consider the approximating s
‘_li + Az=0, in 9,
0) #0)— { B0 dr, "
0
(314) &z . . c e 0 XY= (0)‘ _\), in QL/-.D-
where 2O (R), g(r)=s(—ryz0forall reR, o(r}—0,for [ r 121 and N + prz)="h Qxx, e 0, X)=ts
' P(r) dr—1 - B(:? . Lot A . I[l(l)) __)(I.I;(D))* Le the Op(ll'at()f defined b\
(3.15) <Az y>=a(, ¥} § B ydo. = y<HUD).
We remark the following properties o : '
_ a) B, and §° are Lipschitzian (with Lipschitz-constant <) and mono- and Teli@x10, TT; (H{D))") be given by
tonically increasing functions ; 85 are infinmitely differentiable  functions, : ‘ - . i, vaH'(D).
. (3.16) <o, ), ¥>=§ Mo, 1, @) ¥ (6} do. .
by 2 =0; o - L 3
. J o = e Sinitl 'tl ;'14-—'0,
(3.9) ¢) | 85(r)—8.r) <1 ; System (3.14) can be written (in the sense of Definition 2.1 with
i , 0 » peplaced by h) as
Q) |7 1€ )S 7 o) 20) f=0 and & ¥ (@)
Iz A e _h sle, 0) =15},
ey (S8 1) is a space with measure, v, =L (S, &, u; Rj-—1L25) (3.17) t'i—t'(“’r t)‘l'"13'(°)' e to, o (. 0) ’
such that im v.— vin L¥S) and B5(v,), = =10, 17, is bounded in L3(5), the e . : -
= e (5) 2 (\) o ‘ unded in L3(N) en ‘ - solution = é~l-l",,,;(®) because Ag 15 a conflnuous, mono
v(s) =D(B) w-ac. and all w, weak limits in LYS) of g5(y) when 2 =0, have which has a unique =8, . erator from HY{(D) to (HH{D))"
the property @ w(s) €B(3(s)) u-a.c. _ tone, coercive and su})hnc!i;r S.;Is)c(‘;}l)lkold no= LAQ, Fo I L3D)), g(mi) €
The properties (b), (¢}, (d) are imediately. Here we shall recall from Lemma 3.3. Ifiypotics sk 5 (3 3) has a unigue solution = e Wy
1] the proof for (e). . e LYQx D) and ]"'EL‘"&Q.)?L) ;hf” S‘E\S e
We set oy(s, 0) =B.(v(s)—20), | e|sl. By (3.9—a: ¢) it follows : (@) in the sense of Defomtion 2.0, 1.c- t - B(+(o 1, 9)ae ot QY
“ .l . A y = ".‘ 5 A ol et
S5 0) €] Bulre— s0)— Bur) 14 B0 — B () [ B 1 <241 B | (3.18) thers exists @ €L3(Q ) such that (o, £ 0
Henee =, is bounded in L3S < ]—1,1]) and for on some subscquence g, =0 and
{3.10} Bee{vg,) —a (weakly) in L3S 110} and  vg, =z (weakly) in (3.19) _‘?‘E:,ndx 4 .\{ alz, vy di4- | (w—h) sdtda= IJ, ngeleo. 0, %) d¥
L8 ]—1,10). ' ¢ ot ) S , oD
w-a.s.  Jor all @ 21V 4(0), v, T, ¥}==0 ac o )
On {he other hand, if we denote fr==(1-+28)7{r), we have '
Morcover for €0 = oy T ST
(3.11) r—Jor=2B.(r). B.Ar) €B(/.r). a) £, - strongly v Lia (Q; C(10, Ty; 12D Lo (%10, £15
l'llllcc_l-n‘f(m- Julv.- 20y is strongly convergent, for =0, to vin LASxT -11), ITMDY and weakly in LAQ W) o - .
ot |‘520,- }) e ((0.'_".'II(.-).'I S“‘O”g[-\' i C:[U, :l‘] . [_,‘-'!I))-| ™ I.'(}[} do| o«
13.12) V() = 8(B) wmes and (s, 0y €8(y(s)) pxdb-nc, - N @-as, f{e) i) .
. . . - . H{(I))
since 8 is demiclosed. Finally by (3.8—10), (3.10), (3.12) it follows (3.9 —¢). . o dependent of w, B, e such that
Taking into account the monotonicity of 8 and (3.11) we also have : und there exists € >0 a constant e epende -




100
AUREL RASCANU
i I
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£ 21 e W s SO s+ 1 loagn
] Pl da-- 1), omns,
i

DProof. Here we shy 3 i
f. sshall use the idea from [1° (P iti i
for + =<, 1t follows by the energy equality IEh'LL. ropesition 1). Fromighs

!
b2 (0) [Bep 2 | <al sy, mes ds= ! i
() V42,0 el s ds =]l T (M), 2ufs) ) ds,

for all r= 0, T
: . ;oe-ns, where = »duah
Ty o715 the duality between (1))
A =2 | grad % e —]
F ok TR =L h’““{ va ”l.’(f))'—ii Sz ”J.'{E’jn
AY
where [fgrad 2, [Feny=§ X | d2/éx, |2 dx
iy ’

ence by the contintity e vl
we have . wity of the mapping = == |+ from HY(D) to L¥{1)

13.22)

»
sup | z(s) I3 - erad o sy 12 4N
sesu,}-[- I G(s) 15,4 ‘ grad z.(s) [, <O v, =10 Al e 1)
(we hh\il]\l.;lcn.mc 1)3' C. constants independent of o, =, 1, f)
Next we take the inner product of (3.17) with ,'3?(.1:) “Tnasmuch
; B*(=). Inasmuch as
o, B)) <8 (0) § () 9(x) dv < —Cofll 2
D) <8 (0) § atolx) 9(x) dv < —Cofl b [, +-1)
for all L eH(D), we have :

‘;'i ‘?(:’E(m, T, ,\:)) dx-+ \l (55(3})—]#) 52(75) dodi <

{3.23)
< )]’ Pio, X)) dy+Cul{ll 7, k0, +1),

o-a.s, Along with (3.9-d) and (3.22), (3.23) vields
(3.24) 83(2) e < Cal 7 i Al
“2) lEr s a(1} 14 i.'.’(m_:"ll h ”7.“[‘“ 4+ Vop(i) dx+1 HA i
casy to show that o e
(3.25 £ B ' i
! ) ) e Wneme S Ca (it 22 om0 832 1)
Inequalitics (3.22), (3.24), (3.25) and Eq. (3.17) imply that
(3.26) 2 Mieco, 1 3505) Mees G (LN A s -
(3.26 ‘ -
Hf tta [Fagm—+ !I. (i) dx}, o-as,
Now from (3.17) for =, §>=0 we have
Ly —3(0) a1 grad(s, —8) a0,
(B7(z) = B3(=s)) (zo— =3} dadi=£ 0,

BOUNDARY-VALUE STOCHASTIC PROBLEMS. il 1l

where from by (3.13-D) and (3.26) we get _

bz o zomt | gl (5, —74) [ine S K(0) (e -8},

weits., where K(-)=LQ0) and is independent of € and 7. Hence if exises

Jim =, — = in L (2 c(io, T LD N L (<10, i (D). Morcover,

a0

tor almost il o, 7 {e) —=x{e) in c{o, Ij; LpnnLHe, T 1(1)) and from
3.20) 73 weakly in L34 (). '

By (3.24) there exist w e LHQxy) and s, —0 such that 8%(z,}—w
(weakly) in L3 AX) and 8% (3(w)) —w(o) (weakly) in LX), o-as, Then
by (3.9-0) we have (e, £, 7) ea(z(w, 1, 5)) a.c.on 0 - and by multiphving
in {3.17) by o & W a(0), oo, i, x)=0a.c.0n O [, we get to limit (3.19).
From (3.26) it vesults (3.21). The uniqueness of »ean be obtained casily lrom
(3.19}. This completes the proofl of Lemma 3.3,

Proof. of Theorem 3.1. (continuation}. If we add member by member
he relations (3.3), (3.7) and (3.19) with /=y _efev (vieye) the proof
is finished.

Remark 3.

(3.27)

| The solution for System (2.1) has the form

3.28) w{t) ==} + l:l S{t—s) f(s) ds = l. S(t—s) dM{s)

.y,
where = is solution for (3.3) and S(7) is the semigroup generated by the operi-
tor o in (D).

§4. Two clementary examp
«tochastic versions for the deterministic” problems given by Vi
in 17 (see also [2] and [3D).

Let (Q, 7. Iy AF Dzl he a fixed probabilized stochastic basis.

Example 1. let D={{x, y) R x¥*5y* 1} and U'be the boundary
of D, 0=10, T D, =10, Tix1; O=0x (). We shall consider the follo-

wing system

les. {Noisy heat equations. We shall considuer
Barbu

]

w(o, 4, X, ) — | [itele, 8, X, _\')—}—u_,,y(co, s, X, V) ds=irglo, X, RE:

i

t
(4.1) 4 { fles, s, X, ¥) ds--Wie, {, v, v) a.e. on Qi 0, T[xD
i}
ot : -
— (o, ], X, )')+{ﬂ(r:(c.), f, v, v))= gle g, 8, v)ae.on 00, TIXT,
en

te the second derivatives of # with respect to ¥ and ¥,

where i,y Uy, deno
respectively ; cufén is the outward normal derivative of 1con I".
In this case the operator . will he Az = =1, =, for

e DTS {0y DL HE DY (D).
\We shall assume that .
AWy is o ].'—’(I'))—\'uluc_-d Wicner procuess.

o

“;((‘), i, % _I'I} '\—: E’ug.(')r t) '-1n('\—n _"_i-
n 1
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where ofx. vieV2i= sin nefa?l ye
¥ ) VZ"' sin ne(a®d-yf), ¢, € D(A) ; B, are mutually indepen-

(W '11 Wl o p OCCSES W TeMmen (ll covariancy hd -
(1 lll T(d ene TOCCSSEL lt]] 1m H % i . o O ¥
C 1
C b a ns B . 4.

2;3. I{ipi; 11 (%-:g)homz;(im:}l{ monotone in R x & such that 0 ‘-E’((;)

i -Gl 1 LUV ven 2 > 2 ’

by s H), geli, (QxXyu,el2(Q, 7, I’; H), where
Since the covariance operator, K, of His :

-:-42) A= gg_n(:’ {,”) n

n o]
and the Doleans measure is » =71 ¥ df, then the condition

- T P —
zeg,‘r‘ 1_11 iol) AS{E—s) K |Ed) <o
Iolds if, for ¢example ;

@

(4
) 7’) X 3!,,?1" T +UJ.

Bl
Wo remark -
HUlllI)tiO:lsrtl(Tfl\zl)Ik ;Shat the hypotheses of Theorem 3.1 are verified if the :
sumptions (8), (B), (C), (4.3) hold and s(u,) =L@ D). Then system
(1) ha a unique solution w L (Qx]0, T[; H! f) PR
(1))} in the sense of Definition 2.1 B
Example 2. Let us consid .
o, L sider the problem : there exists
s Q10 T HYWONINLE(G; C(0, T; L‘-’(O,l)))lss:l‘ch that :
a) #w, {, 0)20, u(w, £, 1)20ac. onQx]0, I
L) (o, 1, 0)4goo, ) =0, if u{w, {, 0)=0
ufo, 1, 0)+go(o, <0, if u(w, ¢, 0}=0
(4.4) o, §, 1) gifo, 1)=0, if wlo, ¢, 1) =0
tefes, £, 1)4-g, (e, )20, if w{w, {, 1)=0
ac. on Qx 0, T]

C. H{ 9 " 3 A !
)on{w, f, ) ,-,‘ s, 8, ¥} ds=t,{0, X}+ | flo, 5, 1) ds+
1

FH o, £, x), ace. on Q] 0, T[x70, i

where u,, u,, denote the fies

Lee Mol rst and sc i

ot e st and sccond derivatives of # with respect 1o x

A, fel'far(-(l Q, 1] 1.2 = S (F :
» i it ’ EE Uul ey g : T

].'{0,, ],)) are fixed ; (0.0} g0 1= Lae (@0, TT) 1, 13Q, 7o, I ;

B ois an £30,1)-valued Wiener process

T {e, t)---rl;‘:llﬁ,,(c-), 1) eq(x),

103
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U

are mutually independent real Wiener
PIDY S ool

m==1
In this case the operator A owill he do=—2 for z=D(A)C 1.4(0,1),
D= H‘J(O,I)r";H(',(O,l).— fzel0]) 1o, s h0,1), ()= - (1)=0}, and
the semigroup S{t) generated by A is

where ep{X) —VZ sin Hmy o Ba

ProCcesses with incremental covariance

S5(H L ¢ "7z, en) En

n 1

where (.,.) denotes the inner product in L2(0,1).
{he covariance operator, K, of W is the following

Kz :‘-‘a 'f.n(.'., l,rl) Cu

and the Doleans measure is a=01"x
Since
LS s) N 2o Yoy i S s} ey [|P= 5 % e =l —s) oy |1?

1l

X g, mhite (L s},
=l
.| is the norm in 1.2(0,1) and [|*]: 15 the Hilbert-Schmidt norm, then

where |

e condition from (113) hecomes

{4.5) PRI Lt s AR
w1

convex function of [0, 4 then in

- the indicator
ritten in the following

1 we denote by T,
ns (a) and (b) may be w

-he problem (4.4) the conditio

form
6) (e 1, 0)-Ta, 1o (ufe, & )= gu{o, 1),

4.6
i, 1, 1) EiTa (o, £ )= gde, 1,

3.1 are verified if the

Lo, on 200, 1
on Q%]0,1 L Then
1

We remark
assumptions (A), (B), (4.5
same way as Theorem 3.1 (one 2
fies, ), y> = o, 1) ¥{0)

)= 0l — S0 3 D) we

dx

{hat the hypotheses of Theorcm

) hold and uale, x)=0 ac.

in the considers <47, ¥
ge(=(0}) v (0} + 3 (z(1}) (1},

s, 1) = Zolt) + L) (60), (o,

¢x

-an prove that :

Problem (4.4) has an unique solution u in the sense of Definition 2.1, Le.

there exist @, w0 € L5a(Q % |0, T such that



[
and v(w, I, x)

for all vl (O 0, T

(4.9) 0o

for all pe/f?

.\UHEI__ HASCANU

- we(m, £y<0, if w(e, 1, G)=0

(4, = wilo, 1) <0, i e, 1, 1)
e , . 5, 1, 1)=0
oo, 1) =0, il (e, 1, ) >0 w,{o, {) =0, if

and ' Cit (e, 4 1) =0

T 1 1 B
[ uvddxdi4- | 1 wodx g
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RECENZI

WACLAW SIERPINSKI: Qenvres choisics. Tome I: Bibliographie. Théorie des nom-
ires et analyse snathematigae, Dublié par les soins de 5. Ularuman <t A, Schinzel, Académie
Palonaise  des  Seciences, Institnt  Mathématigue, pPWis-Liditions  Scientifiques de  Pologne,
Warszawa, 1974, 30C P, 140 71: Tome If: Théoric des ensembles et ses applications,
Travatix des  amites 1908— 1929, Publié par s soins de 5. Harmman. K. huratowski,
b, Marcrewski, A, AMostowski et . Schinzel,  Académie Polonaise des Sciences, Institut
Mathématigue, PWN-Editions Scientifiques e Pologne, Warseawa, 1975, 780 p. 280 7L
Fome 111 : Théoric des ensembles et ses applications., Travany des annees 1930—1966, Publié
par les soins de 8. Haruman, K. Kuratowski, E. Marceewski, A, Mostowski et 2\ Schinzel,
Académie Polonaise des  Saences. Institur  Mathématique, PWN-Editions  Scientifiques de
Pologne, Warszawa, 1976, 688 p. 250 71

W. Sicrpinski sa miscut la 14 martie 1882 la Varwwvia. Studitle liceale facultatea
leea ficut la Varsovia. Tn anul 1904 isk Jdi doctoraml in matematici jar i anul 1906
Jevine  doctur in [oyofie. Pini To anul 1910 a fost profesor de matematicl in invi-
yamintu) liceal, din 1910 a fost profesor la universitiple din Lwew, Cracovia si Varyovia,
A\ {ost mumbru al Academigi Polaneze de Stisge. De asemened a fost membru a doudsprezece
academii de suine din alte i, printre care st al Academies RSR. A murit la 21 octom-
brie 1969 la Varsovia. O prezentare X viepr sale cswe ficuti de citre K. Kuratowski in vo-
lnmul [ De asemenea, volumul I contine  lista publicagsilor lui W. Sierpinski, compusi
Jdin 720 lueriri comunicari stingifice, 106 conferinte si articole de popularizare 41 istorie,
50 de carti ¢ 12 cursiri  universitare. Dintre cele 720 de lucriri i comunicir suiingilice,
colectivul de redactie 2 ales lucrarile ccle mai semnnificative {prin actualitatea lor, importania
teeretich,  frumuseten rezultatelor s metndelor  folosite) v le-x grupat it trei volumc s
primul continind lucrin de teoria numerelor s anakizi matemanci, iaf celelalie doud vo-
lume fund dedicate lucriritor de teoria mulymilor s aplicagii (ak doileca volum congind
luerini apirute perivada 1908 1929 jar volumul al treilea congine lucrari aparute ‘Rtre
ami 1930 5 1966). Prezentarea Jucrarilor de teoria aumerelor cstefieur de catre A. Schineel
h volumul I, prezentarea iucrarilor de analizd matematica este ficu de ctre S. Hartman
tn volumul 1, prezentorea lucrariior de Teoria mulyimilor s aplicatii este Gieutd dn volumul
al doilea de citre A, Mostowski (pentru lucririle de teoria ganerald a muliimilor), $. Hariman
o I Marczewski (pentru jucrarile de mulgimi anabitice i proiective), F. Marczewski (pen
tru luerinite de wpologie generald), S Hartman {pentru Jucrarile de misurd i categari, con-
preenia multimalor) s de S, Haruman (penira lucrarile de funapii de o variabilia u-a}nj.
{ele trei volume congin 11 Jueriin de teoria numerelor, 10 luerin de analizi matematicl,
< peste 150 de ucrini de teoria mulyimilor s aplicatii. .

V7. Popescn

A OSTROWSKI: Collevted yrathematical  papers. Vob. 3. Birkhiuser Verlag, Basl
Toston, Sturtgart, 19845 532 p., SFr 6800

acesta este ool de-al reilea volum  dintre cele wase volume in care su vor publica
amicolele  profesorului A, Ostrowski.  Contine articole consacrate unor subiecte de reoria
aumerclor (17 artivole), geametrie (6 articole), topologic (8 articole), convergenga {6 artivole),
Toate aceste articole apar acum pentru prima dati in velum.

Mirela Stefanesch



