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PROFIESSOR RADU MIRON
HIS 60-thi ANNIVERSARY

Professor Ruadu Miron, P D, the present leader of the school of geo-
metry in Tasi, is one of the remarhable Romanian mathematicians who contri
buted by his prodigions scientific activity fo the progress and affivmation of
the Romanian mathematics 1u the whole world.

Following the ways most mathematicians walked, he kivw how v gct
to new results amazing by theiv naturaliess and by their beauwty ; he kitew how
to bring wp-to-date some older theorics, placing them on the orbit of the present
development of mathematics, attaching them the necessary meaning and brilli-
ance : he succeeded it solving difficult problems when other mathematicians’
efforts were vaii.

Prominent disciple of the geometers Al Myller, 0. Mayer and BM.
Haimovici, professor Rudu Miron became well-known as a pioneer e the
field of geometry, generousty vmparting his expericice aitd fis ideas to Mis
studenits, to his candidates for a doctor’s degree and to his collaborators within
the country and from abroad.

He was born the 3 of October in the village Codidesti, the district of Vaslui,
where he followed the elementary school. Tn 1948 he finished his secondury
studies af the Industrial Lyecum in Birlud and i the smme year, atiracted
by the mirage of muthematics and by the sense of accomplishing « destiny, he
became a student of the Mathematics and Physics Unit of the Universily of
Tasi. Here, he distinguished himself from the wvery beginning through talent
and. assidwons work, he acquired the sympathy and the tritst of his professors.
Ths, starting with the third year asa student he becamca preparator” and
from the fourth year, an assistant lecturer. I 1932 he sneeessfully gradiated
Srom the University of Lagi and in the following year he becane o candidate
for a doctor’s degree at the Mathematics Institnle of the Acadeimy, the subsidiary
of lasi, it the special subject of mechanics, uider the sciendific guidance of
M. Halmowvici, acadcinician.

The climate of work, seriousness and vescarch propey 1o the Seminary
of Mathematics, the cxcellent library, the valuable tradition and the inventive
tendency of its members had an overwhelming viflucnce on young Radu Miron.
Surrounded by such a peculiar atmosphere of study, he begun his activity
as a scholar 11t the well-known Seminary of Mathematics of Tast.

Tmpressed by the beauly of the subjects approached by M. Haimovici,
Elic Cartan and Gh. Vydneeani concerning the claboration of a geomelrical
piltern of the movements of the nonholonontic mechanical systems, the young
graduate” R. Miron decided to work in this difficult field located betweeit the
diffevencial geometry and the analytic mechaiics.



In 1957 he became a doctor in mathematical and phvsical sci T 1
5)9(;.)3’ I}w was appotnted chief of section in the Institute ojlj5 M at/u.’mati'f.f egf. tf’::
\je;jffz\}.z ‘Acc]z)dvm‘\' - the subswdrary of asi and a lecturer i the Mathematics-
Hechar Zr:g ’ fa '/[)f;[:_wm’ while 11 1969 he became a professor at the same Saculiy
~ Hewas a competent and loyval leader of the facully of ) HLabics-
Rics o{{ f.lchU n-'r'v;rszty JAL 1. Cuza” of 1 a{-r’, béft:;;’lzi) ?(g7..1212!:z;n;gt;gs-J’[erlm-
is thesis for a doctor’s degree, The Problem of Geometrizing the N
holonomic Mechanical Systems that has in view how to (;pn;bﬁjtzn;;en gz}}]eiel}a? 'ni
geometry to the domain of analytical mechanics, had a certain response in :;E
world of mqtlzcmahcz’ans. Indeed, in this thesis the mathemaltician of I .
gave a solution to the famous problem of Hadamard-Cartan whicl, refers to tai'”
creation of a geometric pattern that may fully describe the moveme;ﬁ's 0 ﬁw
scleronomic nonholonomic mechanical systems. Over s subject tﬁ A
French  geometer  Elie Cartan  had reckoned (Selecta Puris] 1959 c:pgrg;lt
that it is cither impossible to solve it or that it should be treated d;fferéiatl)
Sfrom one case to another, which may diminish its theoretical interest ’
1 These ideas that consacrated lim as a scicutist and which up- to hm
;we;n an uwnsatisfied wish for many distinguished mathematicians were
aken over and enlarged upon by the awthor into a general and unitary theorv
of the I{gastmbu!wns on the Riemannian mamfolds:T e
We can state today that the theory of the nonholonomic ]
gae Rze:?z:mn spaces 1s a purely Romam’anfache'evement due fi.'?:;?f?fosf g
I ancea_}m, M. Haimovici and R, Mirvon. Later on,’ the émne line of ’
search led him to the discovery of the Myller structures, to their equations a:;—!
their f%zdamental t];eorems and to the elaboration of their geomctrﬁr
ese_researches weve tncluded in the monograplh T ;.
the Myller Structures — published i1 1966 at Edf'tufa f f]mli?s éﬁgﬁgszy .
The book comprises mainly the extension of Muvller and Mayer's id
concer}i:ng ;ke m;:ast ;Jgeneml notion of parallelism’ on the curve s;«bac:es e
represents, 118 0w strucit 1 ; :
Sfounders of the Semigury 0 1Waﬂzeﬂfa;z%s i?fb?c;;‘. SRR
o The e:‘c‘cejftf,:mml merits on the scientific fields brought him in 1969 the
i h. Tifeica” I rize of the S.R.R. Academy. The lintes of the research initiated
Y him and continued by his students and collaborators determined new invests
gations 11 the geometry of Riemann spaces, in the theory of G-structures, th :
submanifolds of affine connected spaces and so on. o
ol Tj:ek alxzomat.zc method employed, professor Radu Miron succeeded in
o g,z a f-a-ce;ttwy old pmblgm, namely the substantiation on an axiomatic
f 1 eyl type, by tidependent axioms, of the concept of n-dimensional affine
pomntwise space. The researches of this type were extended by the author all by

himsel ; _ q - e 3
J’\'mlfo}{) ‘or i collahoration with professor S. Golab Srom the University of

Under the impulse of the former studie i movict
. : ’ . es of M. Haimovici (1935) concer-
ming Iinsler’s theory of subspaces, professor Radu Miron directcfg his s)cz'fmtz‘ ic
gn}*cgf;:;cpatwns towards the geometry of Finsler's spaces. I'he major importance
o shac cists o ; ; . .
ki paces consists i their capacity of naturally modelling the physical
Approaching, with courage and pertinenc
. , ; e the large matter of the geo-
metry of Finsler spaces, professor Radu Mirow achieved, in 7975f toge?ggr

———

with the famons Japanese mathematician M. Matsumolo, fhe stable  theoary
af these spaces.

His results were included by the Japanese specialist dn his monograph
Foundations of Finsler Geometry and Special Finsler Spaces — of 1956,
wnder the title The Miron frame and the Fundamental Equations of the
Miron frame.

This matter was further enlarged by him with the general theory of coutnec-
tions in Finsler spaces, the structurc of the group of connection transformations,
the submanifolds theory, the Fiuslerian paticvn of relativity cle.

We may notice that this patterit completely solves the problem of sravity
fields studied for almost 25 years by the Japancse school of Kvoto led by
M. Matsumoto. Part of these researches were doie in collaboration with M.
Hashiguchi, H. Izumi, S, Watanabe and S. Theda from fapun and also will
his students and collaborators from Romdnia. They constituted the foundation
of the Romuiian school of Finsler spaces created and dirceled by professor
Radu Miron, )

This school became well-known over the world once a Romanian-Japanese
Sy posium ont Fiusler geometry was organized by the University WAL Cuza®,
in 1981, August, the 13-th uwp o the 25-th, when 16 of the best specialists 1it
Japan had a partici pation. These rescarches led him {o wn obvious generaliza-
tion of Finsler spaces, proposed by the analytical mechastics and made concrele
through the concept of genceralized Lagrange Spaces.

The ereation aid the development of the geometry of such spaces by him
opened a new line of research materialized by very apprec fated results oll
oeer the world.

The whols geometric edifice of these just-mentioied spaces, such as:
Lagrange G-structures, subspaces, fundamental cquations, the Lagraigean
theory of relativily, and so on, coustitutes a purely Romanian ercation. The
im portaice of these achicvements was also festified by the titvitation addressed
to professor Radu Miron by the University of Sciences of Tokyo i vue of
delivering some synthesis leclures destined to geomelers and  phvsicists.
Fhe method he claborated in Finsler and Lagrange geomelrics allowed him fo
reach, for the first time in the speciality literature, to the theory of the tolal
space of a vector bundle. His results were suceessfully {aken over by lhe
schools ‘of geometry in Japan, Hungary, Italy and Romaiia and altogellier
included in an wiilary mauner in the monograph cnfitled ,Vector Bundles.
Lagrange Spaces. Applications to the Relativity Theory published this
very vear by Editura Academici R.S.R., bearing the signature of professor
Radu Miron and of his disciple Mihai Anastasiei. This book, based almost
entively on Romaniai researches represents an original exposing of the theory
of the wvector bundles and of their applications to the relativity theory. His
life-long scientific activity now reached a climax by the recent discovery of the
Hamiltonian Spaces as an obvious conclusion of the Hamillon structures
of the analytical mechanics.

From them did he achieve by the modern means of the differential geome-
try, the theory of non-linear conitections, Legendre transforinations, metrical
connections, Hamiltonean fundamental equations, the Kdhlerian paticrn and
applications in the theories of gravity and of the eleciromagnetism.

His results were published in well-known specialized reviews. For his
remarkable successes obtained in differential geomeiry, the mathematician of




Tasi was fnvite o . .
m,}:%:?cqlm)(z'iuilto]g{aizv?r l?:]:mrfs at different tmposing academic {nsiilutions
o Greal Britain, (he Sovict (Tidon,  Hioreers i :
j real Brifal R , s, Malv, oy -
‘();;j")’.’uf.ejh. Beginning with 1972 he wus charged with Dh D pm:u}z;::j::“
) IR t..ria-.z”zz!’fzfvs passed wnder his guidance, having the thesis inspived by
theiy master's vesearches. ) e tspired by
Peerless teacher, huwi :

wplivss 2, dweping the gift of speech, Bis el ]

o _ i ) cork, Tis clisses aod Tt Ly :
:;;;;{{'uli ;)fpc;m_zf aitd charm. {1is specches are improssive by the o vynisite -t:“)b‘.\
.colﬁt Iay:z;ﬁn; aro;zfnfo;«m?fzo;i. :]’}oved and esteemed by his students and b\-(tglzf {’zta)s

agices, professor Radie Miron gains the admirali Yiigs ias.
ol _ g ¢ admiration for s enthus
colleis, o entiiisiasin
p}i}gi’f?\' j:;)frfik’go%tcg;;y czf ffm 3t§searclzes and for his major contribution to {ZZ
: e wob of wathematics in fasi as a teacher enil
To oo SChge . thic: St as ateacher and as a scientist,
s Ocnfo::ii;] b:fhfi- _ifj ,[Ilw ascent of the sccondary and higher cdiccation by
i Ms. ;C uf:;‘;’;g (; ji..ufz., lc;s;){m, textbooks and monographs. Each of them
S g spiril and his great care s atovelly il
e iy g care for the novelty and wccessibility
Toacther with some X ]
‘ [ e some other disti ‘ofessors
1 1968 —1969 he drafied tia Jtcf;bgéglig Ii:):’j;b{i'j)')z()ﬂff S
wid difforontinl eemetir § prising the courses of analytical
3t two voliwmes, destined to the fi ears sii.
of the Mathematics Department. J e e
. mofln%ge!—!w)l' w?b’avf - Pop he published, in 1971 at Editura Academici R.S.R
o mwgog:ra bl e;zt_ztled]Al]gcbralc Topology, entirely written i the lng.m'tg'
ries and i which the anlhors broug) igi . .
65 a. _ ght sevcral original contributions
ﬂ‘t (fl 0{; whick we mention the ncw concept of Abstract Cech Cobhomolog\? ;?s‘ézccﬁé
i s'tuc;_l} , p;'jc‘)jécf;:c b]yStCl;l w/zzc{.r,]kczcl the merit of considerably sim Plifying
s ech cohiomology with coefficicuts 1 Thi
e 160 g : s i a presheaf. This
ofsézi;teﬂiﬂi?h;;’; t:,'lc)s %ojrém;nmcs; docl?rs degrec and lo the la{t—yem’ stzfz)iaef&?:
cpartiment was starting poi ]
of the aiso a sturting point for scveval candidales’

The ccle ] 3, .
S oj; lff l.afl:;c;izci:w. "“;fd DProfessor .Rm.iz'a Miron when having reached six
for the Sc,;..-”t”,q’ (0; 'fl' !)]J 3"";".'3 ij_S;u'im_[ i activily is indecd a festive moment
tnary of Malhematics of Tasi that had Hhe nuijor T :
BT P o erid e R . Y § e D dird jos art 1 fris tr 1L
P and i his cousecration in the f?f-fftl 0_/ Sciciee and '/'t{f)u‘l'lfil"’ : S
. g
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NATURAL CONTINUITY OF A [-MAP
By

FUGEN POPA

§0 Introduction. In fundamental paper 4, 1L Cartan disco-
vored the so-called quasi-continuity property of a superharmonic function,
namely that for cach positive superharmonic function s on N, and 20,
there exists an open set @S\, of capacity = g, stich that sfy, 1$ continuous.

Fuglede 177 (seq also Brelot 3) proposes axiomatisations of
07 i1 is shown that, on harmonic spaces, the fact that
every positive, superharmonic function is quasi-continuous, is equivalent
with the axiom of domination.

In the setting of a /f-cone, the notion of quasi-continuous clement was
introduced recentdy 1], and only as a technical tool.

One defines 37 the harmonic morphisms between harmonic spaces, as
a confinons map, which preserves (super-Yharmonicity.  However, hetween
the fine structures considered by Fuglede [3] or between H-cones, onc
is naturally led to abandone the condition of continuity (sce (97, (21, {13)).

In this paper, we analysesthe continuity property of the morphisms
between [-cones of functions. The main result 1s contained in th. [, which
is an adaptation, to the frame of H-cones, ol the results of Fuglede {90

All the notions and notations about f-conces are as in 2. & s an
J-cone of functions on the set X and A= X, then by o cl A, int A4, &4 we
<hall denote respectively @ the fine cosie, the fine inlerior, the jine bouendary
of the set . IS and 7 are H-cones of functions on the sets X and Y,
ihen the function 23 Y-»X is called Jl-map if, for any bounded sel,
sopel (sec (13).

§!. Quasi-continuous elements in a H-come. Let S be a standard
[l-cone of functions on the sct X, For cach 55 .8 we denote:

@(s) ={KE X K naturally compuc, Sig wadurally confuious
s€ 8 iy called quasi-continuous il, for each p< S, we have:

Ao BONK p—0.
K eRis)
We denote by @ the set of all quasi-continuous clements of S.
same proof as in 6 shows:

Proposition 1. a} () 15 « min-stable, convex subcone of S.

D) Q is a specific band,

¢} Let I'eS be an increasing family, such thal:

sup{f(X) € Fl =42V, »<X.

If s€ S is such that sAt<Q, vteF, then s<€(Q.

Then, the



