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Corollary A8, Let L be a weal SM Pespace, N a Dedelind complete Riess
space, and T= Lyl Ny « posilive map. Then

el P, Py YLy implies TP[0}

is the largest ideal on which T is erder conlinuous, [

Similarly we may generalize [11, 10217} ou locally eonvex solid Haus-
dorff weak SMDP spaces,

Also the following formula for an order continuous componenl T,
of a positive linear map T ean be established in a similar way using for exam.

ple [8] and Lemma 4.4,
Proposition 4.8, Let A be an order principal A module. N a Dedekind

complele Riesz space, and T <Ly(M, N) a posifive operalor. Then jor every
re M,

T,r=inl sup{Tax : a, €A+, a,xjr].

If A is zero-dimensional, the elements a, can be laken from A. 0

A cknowfediement. ‘The author is indebted to the referee for stgrgesiing a simplification
af fhe procf of Lenmma 3.3, which appeared in the original version of Lhis paper.
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A NOTE ON ADJOINT ABELIAN OPERATORS ON C(X)
BY

1Y K SEN

I. Intreduction. The concepl of adin T

?plalul:] i\\nu.; in': rodiced by Sy .-In n pi‘";]'i]m'[]:‘_;fm(:i:;] Eﬁizl]!:‘?l?1(~3:~]1(1;Ii:;"31§3
in |“|!‘|ning? [(I[i,ll’llc-lll?,;-l-nf: I.\.-f‘l il (&) |1 l_l_}'h); semiinner produe teehniques,

‘ Loy b oeharactenizalion of adjeint abelian aperators on (N, X
al‘“‘.’l“ii'l’i_( !(]l.ll( jlt(. SPAces s divens This nole extends this resull io ( (I\’)
:n(l (.‘.-‘(.\'){illﬂltl:v llls:]::l(;;:]?s::i-];pa;‘l. Iil"fis(l{n-rf space (throughoul 1his rlm'vi
ol v i space of all coninuoys mmplu} f:n[_l(:I,ia-lls on X
o Bonsall (111, [20). - producis (s.i.p) we refer

2. Mdjoint Abhelian Operators. Ior

belian operal or e ]
a perators on Co(XN), The fallowing resull. plays a cenlral role

Theorem 2.1, [ 120 be fol i
_ =l Let . an adjoint whel erdalor (XY T
there exisfs a posttine constant 7. .\-m'hjfhal _(1 :(?”; et o AN ‘”M”

For literalure on seminuer

our characterizaiion of adjoint

3 h N =
I[:oo,'. For (he proof  we need (he following femmas,
5 3.Nv\.m(l‘na“”i(} £[.)], pi 7’11 8{).({'} Cis compact. U is open, and C=U then there
. ! sueh ; ) o L " ope
¥ » o e Gy 15 o compuet Gy, Uy is a g-compacl open  sel,

(=l cCel,
Lemma 2 It K, is f (; Y|
a 2 LIS @ eoimpact 6 K, iy compael il N, =@

then there exists a junciion h=(N) .\’l!('h[ {haf e and
Ky—{t:h()=1). K, Mok al
nd < h(h<i.
Lemang 2

216).

15 aneasy consecuience Theorerms I3 and € of IHalmos {[5]
- ]

, i - .
! L:’Or:mf n,f .L({nnm 2. Nince 7,\ is o locally compael Hausdorff space {here
o ..1ipa(]: I'lJ()’lghh(;rhﬂOds “‘l'l and V, of Iy and K, respeciively {i.,e. K
m v, « =)osuch that Vin V. ¥ By Theorem of Halmos ([5 i
g;)i::ht]‘-:.(-‘ _(i‘:;m[:s‘ a continuous funciion g such 1 hat O=y=!, K, ‘1?11:“').};((1:[).}].1]1'
I‘q:(‘h 11;3:'):(:1(1)1 JB of Halmos ([5], p. 216), Lhere exisis a coni innon.s fum{:
I)=.1” 1 sts 1, f(.::)=l‘f0r TEK, and {(N)=0 for z= X\ V,. Let
. 1_.r-\1(f(-1)._ g(x)). Then h,=Cy(X) and K- {r:ha)=17 Ag h'\isl'cmn
1 v lheorem B of Hahnos there exists a continnous function2 ]lzq sucl;

=
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that 0< hi<a. K.© {x:ha(x) =17, hy(x)=0Tor .z'~.=-.'\' V.. Take ]f\(.r)k_—.;n:.lx({i}(;:),
N Tt Tollows dhat Ax) =0 Tor xe NN (Viu V. Ax) - mfo o e R,

e f ve I, Hence e Co(X) has ihe reguiired properiies o ,(-nnll al

h(I)zl('I’ i n“ o.nr.:.re'v:lr T.et 1’:(?»(.\'). As A is adjoint abelian, there lf\!.x.ls

a si p.r[ml] ([m Y c:--|11})alil=l(~ with the norm such that [y (=Ig A1l

i ' ’ F - UL £

" ﬂe’]‘?ﬁ.g s..p can be writlen as [7. 1]={gdr, where ;s a TCgl lar complex

5 5.1 I

Boret measure for each €7, Rudin ([7]. Theorem 6.19), aud has the follo.

wing properties

(1) o (P =l for 120

(1) Supp v,= Py (peak se of 7).

The proof of these propertiesis similario ' hal.of i-‘lmniP%,;_ [:\]]w/]\: f:l.{.sls
Hermitian, by a result in Bonsall (12} p- 92). AI'I——-YI']!._V! :1_& S 1her2
real valued continuous function on X. In fact h=0. 1T his stant,
exisls a f,=X such that

< hte) <lihfj=Sup {h(l) : f= X1,

Let =>0 he a number such that h(f)+3e < k). Then cach of the ilivee sefs
C,=h""(l{fe)),
Co=Irt| Aty —s Tlo)-+<]

nd ComhifHll—e, [hjce] s a closed G Therclore by L‘;";‘-;‘l‘ lelfcgect
. mn aac{' G5 sets Ky and K, such that o= Kyc ot (e Cyand fy ‘\‘]:ﬁch h(i)a—
ccOlC p\\’]l.oi'c [y=Int C;. Yhen K,=HnC, is A C()Ill.])flcl‘((;se?Tl(:S) sueh 1]1;[
) i . : : . 9 {here exiss a f olar) sue
- and K.nK,=. So by Lemma & S Rl
Koo =T} and g =121 for L=k Vo 2l
> 1 20 —=) {1 R IR} >R =hg(lo) 1T € =D 15 Snl It 1 < Gl
Je= K 1& Py, As Py is compaet (since I"r'i'lf_'f("’(?\)) {1)1101( . :
3 a4t ; . = i
at 1(0)=1 on K, and pOy=|h{/Ilhgll tor o -
such 1\1](;\:\ if )1-1; q][):fhf;ln,=.[h[dm:.ﬂuh-.‘. — Bl v, (1)) = hla) gl == h(le) and
- B - [ X }\_ N

00 pg— g1 000 ) = 2 B0

7

ir, Asgl=I}. Iy dop,=§

U; “ q] [I’ ]] JU hg P“

Henee the result o . R

> » Theore : aiso irpe for localiy compad

As Banach-sione Theorem 1s aiso ‘ At 1 Plause

spaces (sce Bonzall ({2], p. 03) and Kalion {6} “.pp].l(d“ﬁn_?lf 1..11:.:1”{({;2“&
‘qlt))m'c to lht'.p!'o(\[ of Thecrem 2 of Fleming [4] vields the following

result.

¢ Hausdorft |

ator on C(N). Then A is adjoitty
Theorem 2.2, Lol A be a non-icro operalur en € N). Then ]

- Tar e dﬂ
fan i i : "phis b on N, a posi'ive coristant 3 an
1 it there exists ¢ homeemorphism, { L pogktine ool s
?llilcil:ﬁ(irluﬁfr junction & C{X) sueh that for coeriy | = G N Ajhy=rall) -1 U
Vi= N, wihe
(i) Do®(t)={, VIeX,

(i) w)u(DB)=1, vieX.
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